It is well-known ( [7, p. 57] ) that if / E iP, the non-tangential maximal function Γ(0) being the Stolz angle with vertex e iθ , belongs to L P (Ί) . In this paper, given <7i,#2 £ H°°, we study the Bezout equation 1 = Ϊι9i + /2#2 Concretely, we are interested in knowing the precise condition on <7i,#2 so that solutions /i,/2 6 H p exist. If \g\ 2 = \9i\ 2 + \92\\ I/I 2 = I/1I 2 + I/2I 2 , it follows from 1 = f ι9ι + f 2 g 2 that 1 < I/I \g\ and hence
(C) M(\g\-ι )eV(T).
It can be easily seen that this condition is sufficient if g\ or g 2 is an interpolating Blaschke product. Nevertheless, we show in Section 2 that it is not sufficient in general. In fact for each ε > 0 we exhibit g x , g 2 The proofs rely essentially on: (a) An L p -version of Wolff's criteria for the existence of bounded solutions of the d-equation, already used in [1] . (b) An improvement of Cegrell's result in [4] on gradients of bounded holomorphic functions.
Both theorems hold of course for more than two generators, using the Koszul complex technique as in [7, p. 364] . Theorem 1 holds as well in the setting of the unit ball, but some modifications are needed (see [2] ).
Finally, we mention that similar results to those stated here have been independently obtained by K.C. Lin in [8] and [9] . The authors thank the referee for pointing this out to them. [10] and also [5] ). Let δ n denote the delta-mass at the point z n . Since ]ζ(l -|;z n |)ί n is a Carleson measure, (C) implies the above condition.
Next, we give examples showing that condition (C) is far from being sufficient. Proof We will denote by p(z, w) the pseudo-hyperbolic distance in the unit disc, p(z, w) -\z -w\ |1 -wz[~ι , 2, w G D and /( J ) the j-th derivative of a function /. Let TV be a natural number such that (N + l)ε > 1.
Let z n -1 -2~n, n > 1, and take an ίΓ^-interpolating sequence {α n }, 0 < p(a n ,z n ) decreasing to 0, satisfying
Let JBX and J5 2 be the Blaschke products with zeros {z n } and {α n }. From now on, the letter c will denote different constants independent on n. Since B 2 is an interpolating Blaschke product, one has inf p(z,α n ) > |J5 2 (^)| > c in (see [7, p. 404] ). Now as in [3] take g { -B^+ 1 , i = 1,2. Let I n be the arc on the unit circle centered at 1 of length 2(1 -\z n \) -2~n +1 . In estimating ^(jsr)!" 1 , for z G Γ(β), the worst case occurs when z is one of the {z n } or {α n }. Since p(a n ,z n ) is decreasing, for e ί6> E I n \ / n +i one has < Hence, condition (1) implies M(|^|" 2+ε ) G L P (Ύ). Now, assume there exist ΛJje iί p satisfying /^ + / 2 g 2 = l Then, (z n )\ > Therefore, for large n,
and F e L P (Ύ), one gets and this contradicts (2) . D 3. In this section we will prove a generalization of Theorem 1 stated in the introduction. First notice that this is trivial for p < 1 (with constant 1) and that for p = 2 there is equality with constant 1, too. In general, and assuming without loss of generality that / φdμ = 1, it follows for real φ integrating the inequality Jx
Lemma 1. If g is holomorphic on
For complex-valued φ = φ λ + iφ 2 , it follows from \φ\ p < \ψι\ p + \ψ2\ p (for positive φ the inequality holds with constant 1). D
We start with a generalization of a result in [4] . Although we need it only for H°° functions we state it in full generality, for BMOA functions (see [7] for definitions). We denote by ||^||* the BMO norm of g(e iθ ).
Let dμ be a positive measure on [0,1) such that / -< +oo, and 
\VG(z)\<--dμ(a)
ε Jo OL which also tends to zero when multiplied by ε|logε|. At zero we obtain -2τr|G(0)| as limit when ε -> 0. Therefore If ψ w is an automorphism of the disc, applying this inequality to jo^, changing variables in the area integral and using the invariance of the BMO norm we get sup // \g {z)ΐ\ 9 Proof. We adapt Wolff's proof for the case p -00. Let q be the conjugate exponent of p, 1 < q < 00. By duality, 
